In this note we consider the problem of determining whether the union of cells is nicely embedded in the ^-sphere if each of the cells is nicely embedded. This question is related to many embedding problems. For instance, the ndimensional Annulus Conjecture (now known to be true for n Φ 4) is a special case. Cantrell and Lacher have shown that an affirmative answer implies local flatness of certain submanifolds. Also, this question is related to the conjecture that an embedding of a complex into the ^-sphere which is locally flat on open simplexes is ε-tame in codimension three.
The problem mentioned above was first investigated by Doyle [9] [10] in the three dimensional case and by Cantrell [2] in high dimensions and later by Lacher [15] Cantrell and Lacher [3] [4], Kirby [13] , Cernavskii [5] [6] and the author [17] . Also, Sher [21] has generalized a construction of Debrunner and Fox [8] to obtain counterexamples in certain cases. Since the ^-dimensional Annulus Conjecture, n Φ 4, is now known to be true [14] , only two results of § 7 of [17] remain of interest. First we will prove a strengthened form of one of those results and we greatly simplify the proof by employing the powerful tools now available. In particular we prove the following theorem. THEOREM REMARK. If the above theorem is modified by requiring n -k = 3, then counterexamples can be constructed for any m ι and m 2 (see [21] ).
Proof of Theorem 1. Every orientation preserving homeomorphism of S n , n ^ 5, is stable [14] , hence isotopic to the identity. It will then suffice to construct an orientation preserving homeomorphism e γ satisfying the conclusion of the theorem. By Theorem 5. Let Ap-1 be a face of Δf of dimension m^ -1 which has Δ as a face. Let S< denote the face of Δt dual to J?*- 1 AT i~[q+1) ) in Q (see [12] ), and let N* be a regular neighborhood of 0(U?=i^f*"""*) mod g(\jUJp~{ qW ) in Q. Then, there is a PL isotopy e\ of Q such that el = 1 and eί(iV) = JV*. But, δCZV*) is a PL (w -l)-sphere and </Ί UίU ^~( g+1) and ^ I U?=i ^" (ί+1) are PL embeddings into d(N*). Hence, by the inductive assumption, there is a PL isotopy e\ of d(N*) such that el = 1 and βjβί/| Uf=i ^Γ*" (flr+1) = 9 I Uf=iΛ^~(" +1) . It is now easy to extend e\ over Q so that it is the identity at the zero level by using a PL bicollar of d(N*) in Q. Then, are proper embeddings (in the sense of [16] ) which agree on U?=i z/f ί~ (?+1) and so by Theorem 2 of [16] there is a PL isotopy βf of N* which is the identity on d(N*) such that ej = 1 and ejβje}/ = #. Hence, we can extend e\ to Q by way of the identity and we see that e t -e\e\e\ is the desired isotopy of Q.
